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The initial-boundary value problem for the (viscous) nonlinear scalar
conservation law is considered:

(uε)t + f(uε)x = ε(uε)xx, x ∈ R+ := (0,∞) , 0 ≤ t ≤ T, ε > 0,
uε(x, 0) = u0(x),
uε(0, t) = g(t).

The flux f(ξ) ∈ C2(R) is assumed to be convex (but not strictly convex,
i.e. f ′′(ξ) ≥ 0).

It is shown that a unique limit u = lim
ε→0

uε exists .
The classical duality method is used to prove uniqueness. To this end,

parabolic estimates for both the direct and dual solutions are obtained. In
particular, no use is made of the Kružkov entropy considerations.
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